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Ïóñòü E ïðîèçâîëüíîå ìíîæåñòâî, íà êîòîðîì çàäàíà ìåðà Ëåáå-
ãà m, p = p(x) � íåîòðèöàòåëüíàÿ m � èçìåðèìàÿ ôóíêöèÿ, çàäàí-

íàÿ íà E. ×åðåç L
p(x)
m (E) îáîçíà÷èì ïðîñòðàíñòâî m-èçìåðèìûõ ôóíê-

öèé f = f(x), çàäàííûõ íà E, äëÿ êîòîðûõ êîíå÷åí èíòåãðàë Ëåáåãà�
E |f(x)|p(x)m(dx). Åñëè p = p(x) ñóùåñòâåííî îãðàíè÷åíà íà E, òî, êàê

ïîêàçàíî â [1], L
p(x)
m (E) ÿâëÿåòñÿ ëèíåéíûì òîïîëîãè÷åñêèì ïðîñòðàí-

ñòâîì, â êîòîðîì ïðè äîïîëíèòåëüíîì óñëîâèè 1 ≤ p(x) ≤ p <∞ ìîæíî
ââåñòè íîðìó

‖f‖p(·)(E) = inf{α > 0 :

�
E

∣∣∣∣f(x)

α

∣∣∣∣p(x)

m(dx) ≤ 1},

êîòîðàÿ ïðåâðàùàåò L
p(x)
m (E) â áàíàõîâî ïðîñòðàíñòâî. Åñëè E ∈ Rn,

m(dx) = w(x)dx, ìû áóäåì ïèñàòü L
p(x)
w (E) âìåñòî L

p(x)
m (E) è íàçû-

âàòü L
p(x)
w (E) âåñîâûì ïðîñòðàíñòâîì Ëåáåãà ñ ïåðåìåííûì ïîêàçàòåëåì

p(x) è âåñîì w = w(x).
Â íàñòîÿùåé ðàáîòå ðàññìîòðåíà çàäà÷à î áàçèñíîñòè ñèñòåìû ïîëè-

íîìîâ ßêîáè P α,β
n (x) â âåñîâîì ïðîñòðàíñòâå Ëåáåãà L

p(x)
µ ([−1, 1]) ñ ïåðå-

ìåííûì ïîêàçàòåëåì p(x) è âåñîì µ = µ(x) = (1− x)α(1 + x)β. Â ñëó÷àå
α, β > −1/2 ïîêàçàíî, ÷òî åñëè ïåðåìåííûé ïîêàçàòåëü p = p(x) ïîä÷è-
íåí íà [−1, 1] íåêîòîðûì åñòåñòâåííûì óñëîâèÿì, òî îðòîíîðìèðîâàííàÿ

ñèñòåìà ïîëèíîìîâ ßêîáè pα,βn (x) = (hα,βn )−
1
2P α,β

n (x) (n=0,1,. . . ) ÿâëÿåòñÿ

áàçèñîì â L
p(x)
µ ([−1, 1]), åñëè 4 α+1

2α+3 < p(1) < 4 α+1
2α+1 , 4 β+1

2β+3 < p(−1) <

< 4 β+1
2β+1 .
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